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Abstract: A wide range of large scale observations hint towards possible modifications
on the standard cosmological model which is based on a homogeneous and isotropic
universe with a small cosmological constant and matter. These observations, also known
as “cosmic anomalies” include unexpected Cosmic Microwave Background perturbations
on large angular scales, large dipolar peculiar velocity flows of galaxies (“bulk flows”), the
measurement of inhomogenous values of the fine structure constant on cosmological scales
(“alpha dipole”) and other effects. The presence of the observational anomalies could either
be a large statistical fluctuation in the context of ΛCDM or it could indicate a non-trivial
departure from the cosmological principle on Hubble scales. Such a departure is very much
constrained by cosmological observations for matter. For dark energy however there are no
significant observational constraints for Hubble scale inhomogeneities. In this brief review I
discuss some of the theoretical models that can naturally lead to inhomogeneous dark energy,
their observational constraints and their potential to explain the large scale cosmic anomalies.
Keywords: dark energy; cosmological principle; inhomogeneous anisotropic universe
1. Introduction
The standard cosmological model (ΛCDM) has been established through a wide range of
cosmological observations [1] which challenged its validity during the past two decades. The model is
based on the following assumptions: cosmological principle (isotropy, homogeneity, general relativity,
cold dark matter and baryonic matter), flatness of space, the existence of a cosmological constant and
gaussian scale invariant matter perturbations generated during inflation. Based on these assumptions, the
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model makes well defined predictions which are consistent with the vast majority of cosmological data.
Some of these predictions include the following:
• The Cosmic Microwave Background (CMB) Spectrum: The angular power spectrum of CMB
primordial perturbations [2] is in good agreement with the predictions of ΛCDM. However, a
few issues related to the orientation and magnitude of low multipole moments (CMB anomalies)
constitute remaining puzzles for the standard model [3–11].
• The statistics of CMB perturrbations: These statistics [12] are consistent with the prediction of
gaussianity of the standard model [13].
• Accelerating expansion: Cosmological observations using standard candles [Type Ia Supernovae
(SnIa)] [14] and standard rulers (Baryon Acoustic Oscillations) [15] to map the recent accelerating
expansion rate of the universe are consistent with the existence of a cosmological constant.
No need has appeared for more complicated models based on dynamical dark energy or
modified gravity, despite of the continuously improved data. The likelihood of the cosmological
constant vs. more complicated homogeneous models has been continuously increasing during the
past decade [16].
• Large Scale Structure: Observations of large scale structure are in good agreement with
ΛCDM [17] (basic statistics of galaxies [18], halo power spectrum [19]).
Despite of the above major successes the standard model is challenged by a few puzzling large scale
cosmological observations [20,21] which may hint towards required modifications of the model. Some
of these challenges of ΛCDM may be summarized as follows:
1. Power Asymmetry of CMB perturbation maps: A hemispherical power asymmetry in the
cosmic microwave background (CMB) on various different angular scales (multipole ranges) has
been detected [22–25]. The power in all multipole ranges is consistently found to be significantly
higher in the approximate direction towards Galactic longitude and latitude (l = 237◦, b = −20◦)
than in the opposite direction. A more recent study of the WMAP9 data has found a hemispherical
directional dependence of ΛCDM cosmological parameters which is maximized at the direction
(l = 227◦, b = −27◦) at the multipole range 2–600 and is statistically significant at the 3.4σ
level [26]. A related asymmetry, is the Maximum Temperature Asymmetry (MTA) defined as
the maximized temperature difference between opposite pixels in the sky which shows significant
alignment with other apparently unrelated asymmetries [27].
2. Large Scale Velocity Flows: Recent studies have indicated the existence of dipole velocity flows
on scales of 100 h−1 Mpc [28,29] with magnitude about 400 km/s using a combination of peculiar
velocity surveys, with direction towards l ≃ 282◦, b ≃ 6◦. Other studies [30] using the kinematic
S-Z effect have found bulk flows on much larger scales (O(1 Gpc)) with magnitude 600–1000 km/s
towards a similar direction. These results are inconsistent with the predictions of ΛCDM at a level
of 99%. These studies however have been challenged by other authors which do not confirm these
results but find peculiar velocities on these scales consistent with ΛCDM [31]. Even though these
studies agree with the direction of the observed flow they disagree on the magnitude and errorbar
of the measured velocities.
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3. Alignment of low multipoles in the CMB angular power spectrum: The normals to the
octopole and quadrupole planes are aligned with the direction of the cosmological dipole at a level
inconsistent with Gaussian random, statistically isotropic skies at 99.7% [4]. This inconsistency
has been reduced by the recent Planck results to a level of about 98% [22] (the exact level varies
slightly depending on the foreground filtering method).
4. Large scale alignment in the QSO optical polarization data: Quasar polarization vectors are
not randomly oriented over the sky with a probability often in excess of 99.9%. The alignment
effect seems to be prominent along a particular axis in the direction (l, b) = (267◦, 69◦) [32–34].
5. Anisotropy in Accelerating Expansion Rate: Recent studies of the accelerating cosmic
expansion rate using SnIa as standard candles have indicated that an anisotropic expansion rate
fit by a dipole provides a better fit to the data than an isotropic expansion rate at the 2σ level [35]
Interestingly, this dark energy dipole is abnormally aligned [35] with the fine structure constant
dipole discussed below.
6. Spatial dependence of the value of the fine structure constant α: A spatial cosmic variation of
the fine structure constant has been recently identified on redshifts up to z ≃ 4.2 by analyzing the
absorption spectra of quasars. This anisotropy analysis of the fine structure constant α [36,37] is
based on a large sample of quasar absorption-line spectra (295 spectra) obtained using UVES (the
Ultraviolet and Visual Echelle Spectrograph) on the VLT (Very Large Telescope) in Chile and also
previous observations at the Keck Observatory in Hawaii. An apparent variation of α across the
sky was found. It was shown to be well fit by an angular dipole model
(
∆α
α
)
= A cos θ+B where
θ is the angle with respect to a preferred axis and A,B are the dipole magnitude and an isotropic
monopole term. The dipole axis was found to point in the direction (l, b) = (331◦,−14◦) and the
dipole amplitude A was found to be A = (0.97 ± 0.21) × 10−5. The statistical significance over
an isotropic model was found to be at the 4.1σ level.
7. Large Quasar Group: An elongated structure of quasars with long dimension about 1240 Mpc
and mean redshift z¯ = 1.27 has recently been discovered [38]. This structure is a factor of
about three larger than the previously known largest structure (Sloan Great Wall (z¯ = 0.073 and
comoving size 450 Mpc [39]) and appears to be inconsistent with the cosmological principle in
the context of the standard ΛCDM model in the sense that it is much larger than the scale of
homogeneity in the context of ΛCDM (260–370 Mpc [40]).
The above seven large scale puzzles are large scale effects (1 Gpc or larger) and seem to be related to
violation of the cosmological principle. In fact preferred cosmological directions may be associated with
most of them. As discussed in more detail in Section 3, some of these directions appear to be abnormally
close to each other. These directions are shown in Figure 1 [27]. This may be an indication for a common
physical origin at least for some of the above anomalies.
These anomalies may be simply large statistical fluctuations that manifest themselves duo to a
posteriori selection of particular statistical tests. In view of their diverse nature and their high statistical
significance, is not likely that they are all of this nature. In view of the possibility that there is a physical
mechanism that leads to their existence, it is of interest to identify classes of physical models that could
predict the existence of some or all of the above cosmic anomalies.
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Figure 1. Directions in galactic coordinates for the α (blue) and Dark Energy (green)
dipoles, for the Dark Flow direction (red) and for the direction of Maximum Temperature
Asymmetry (MTA) in the 7 years ILC CMB map degraded to Nside = 8 (yellow). The
opposite corresponding directions are also shown (from [27]).
The origin of the possible violation of the cosmological principle could be either geometric or
energetic. A geometric origin would correspond to inherent properties of the cosmic metric (e.g., non-trivial
topology on large scales). An energetic origin would correspond to non-trivial properies of the energy
momentum tensor of the contents of the universe (e.g., anisotropic dark energy equation of state).
Models based on geometric violation of the cosmological principle include the following:
• A multiply connected non-trivial cosmic topology [41,42].
• A rotating universe coupled to an anisotropic scalar field [43].
• Non-commutative geometry [44].
• A fundamental anisotropic curvature [45].
Models based on energetic violation of the cosmological principle include:
• Anisotropic dark energy equation of state [46–48] due perhaps to the existence of vector
fields [49,50].
• Dark matter perturbations on a few Gpc scale [51,52]. For example an off center observer
in a 1 Gpc void would experience the existence of a preferred cosmological axis through the
Lemaıˆtre-Tolman-Bondi metric [53–57]. Within this framework, an additional dark energy
component is not needed to secure consistency with the cosmological data that indicate
accelerating expansion. The basic idea is that the increased expansion rate occurs locally in space
rather than at recent cosmological times, a fact that can be achieved by assuming a locally-reduced
matter energy density [58,59]. Thus, the observer is placed close to the center of a giant void with
dimensions of a few Gpc [60]. Even though this approach is free of dark energy, it is by no means
free of fine tuning. Apart from the unnatural assumption of giant-size Gpc voids, which are very
unlikely to be produced in any cosmology, these models require the observer to be placed within
a very small volume at the center of the void (about 10−6 of the total volume of the void). A
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slightly off-center observer, however, will naturally experience a preferred cosmological direction
(towards the center of the void), which may help to resolve some of the observational puzzles of
ΛCDM discussed above.
Such matter perturbations could be induced by statistically anisotropic or non-gaussian primordial
perturbations [61–64]. For example, inflationary perturbations induced by vector fields [65–68].
Note however that inflationary models with vector fields usually suffer from instabilities due to the
existence of ghosts [69–71].
• Large scale electromagnetic fields [72]. For example, the existence of a large scale primordial
magnetic field [73–75]. Evidence for such a magnetic field has recently been found in CMB
maps [76].
• Dark energy perturbations on scales comparable to the horizon. Even though the sound speed
for dark energy is close to unity implying that it can not cluster on scales much smaller than
the horizon, it can still produce observable effects due to clustering on horizon scales [77,78].
In addition the possible recent formation of topological defects with Hubble scale core (topological
quintessence) could also behave as inhomogeneous dark energy [79].
Models based on matter underdensities (voids) on scales larger than 1 Gpc are severely constrained
by observations [54,80–83] and do not reduce to ΛCDM for any value of their parameters. For radii as
large as the horizon they reduce to homogeneous open CDM matter dominated universe and for small
radii they reduce to flat CDM models without a cosmological constant. Both of these classes are ruled
out by observations. Even for radii of order a few Gpc these models are faced by severe problems that
can be summarized as follows:
• There is no simple physical mechanism to generate such large voids [84].
• As discussed above, off center observers experience a CMB dipole that is in excess of the observed
one. Thus our location is constrained to practically coincide with the center of the void (fine tuning)
to within about a fraction of a percent in radious [85,86].
• The fit for the expansion rate as a function of redshift is worse than ΛCDM requires significant
fine tuning of the void profile to obtain a comparable fit with ΛCDM [86].
• These models predict significant peculiar velocities for distant galaxies within the void. Such
velocities could have been detected in CMB maps through the kinematic S-Z effects. The fact that
such large radial velocities are not observed imposes the most severe class of constraints in this
class of models [82].
In contrast to matter void models, spherically inhomogeneous dark energy models are more natural
and reduce to ΛCDM when the inhomogeneity radious exceeds the horizon scale. They constitute one
of the two generic generalizations of ΛCDM. Instead of breaking time translation invariance of the
cosmological constant (as is the case for quintessence models) inhomogeneous dark energy models break
space translation invariance of Λ. This corresponds to addressing the coincidence problem of ΛCDM
not as “why now?” question but as a “why here?” question. The motivation for considering this class of
inhomogeneous dark energy models may be summarized as follows:
• It is a new generic generalization of ΛCDM including ΛCDM as a special case.
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• It naturally violates the cosmological principle on large cosmic scales and predicts a preferred axis
for off center observers. Thus it has the potential to address at least some of the above discussed
cosmic anomalies.
• There is a well defined physical mechanism that can give rise to this type on dark energy
inhomogeneities. This mechanism will be discussed in some detail in Section 3. It is based on
applying the principles of topological inflation [87] to the case of late-time acceleration. According
to the idea of topological inflation, the false vacuum energy of the core of a topological defect can
give rise to accelerating expansion if the core size reaches the Hubble scale when gravity starts
dominating the dynamics. Thus, for example, a recently formed global monopole with appropriate
scale of symmetry breaking and coupling could naturally produce a Hubble-scale, spherically
symmetric, isocurvature dark energy overdensity. By analogy with topological inflation, this
mechanism may be called topological quintessence.
In this review we focus on models which can violate the cosmological principle via energy momentum
tensor effects (energetic origin violations). Since Hubble scale matter inhomogeneities are severely
constrained we consider mainly dark energy Hubble scale inhomogeneities and/or anisotropies which
appear to be a more natural source of a mild violation of the cosmological principle.
The structure of this review is the following: In the next section we present a collective analysis of
the above discussed cosmic anomalies. After describing in some detail the current observational status
of each one of these anomalies we discuss the statistical significance of its incompatibility with large
scale homogeneity and isotropy. In Section 3 we describe theoretical models that predict the existence
of anisotropic or inhomogeneous dark energy and the potential of these models to explain some of the
cosmic anomalies. We discuss two classes of models: Anisotropic dark energy models described by a
Bianchi I cosmic metric with anisotropic dark energy equation of state and spherical inhomogeneous
dark energy models described by a generalization of the Lemaıˆtre-Tolman-Bondi metric. A special case
of the later class of models is “topological quintessence” where a well defined physical mechanism
generates the spherical dark energy inhomogeneity. Finally in Section 4 we conclude and summarize our
results. We also present an outlook discussing remaining open questions and possible future directions
of research related to this subject.
2. A Review of Cosmic Anomalies
In this section we discuss in some detail the cosmological observations that hint towards a possible
violation of the large scale homogeneity and isotropy of the universe.
2.1. Power Asymmetry of CMB Perturbation Maps
As discussed in the Introduction, the power spectrum of CMB fluctuations as measured by
Wilkinson Microwave Anisotropy Probe (WMAP) and Planck is not isotropic. A hemispherical
asymmetry has been pointed out in several studies [2,22,26,71,88–90] using both the WMAP [2] and the
Planck data [22] at several multipole ranges. The persistense of this asymmetry in different multipole
ranges along with the good multifrequency component separation (especially in the Planck data) make
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it unlikely that the asymmetry is due to foregrounds. The observed asymmetry is modeled as a power
spectrum dipolar modulation of an otherwise statistically isotropic sky:
∆T (nˆ) = (1 + Apˆ · nˆ)∆Tiso(nˆ) (1)
where pˆ and nˆ are unit vectors towards the dipole and the sky directions respectively and ∆Tiso(nˆ)
is a statistically isotropic temperature fluctuation in the direction nˆ. The best fit dipole is found to
have direction (l, b) = (227,−27) and amplitude A = 0.072 ± 0.022 for the multipole range l < 64
(k < 0.035 Mpc−1) [22]. The derived amplitude is inconsistent with isotropy (A = 0) at the 3.4σ
level. If this dipole modulation of the angular power spectrum is not a statistical fluctuation and has
a physical cause, then this cause should be such as to change the amplitude of density fluctuations
by less than O(10−3) as constrained by the CMB dipole magnitude. This is not easy to achieve for
a primordial mechanism since the same mechanism responsible for an O(10−1) (as seen by the value
of A) modulation of the primordial density perturbation spectrum should practically leave unaffected
the magnitude of these density perturbations. This however would be easier to achieve for a late time
mechanism operating after the density perturbations have been created.
On smaller scales (k ∼ 1 Mpc−1 there is lack of asymmetry in primordial density perturbations
as constrained by the SDSS quasar sample [91]. The power spectrum of these quasars is found
to be isotropic with A < 0.0153 (at 3σ) for a dipole oriented in the direction of the CMB power
asymmetry dipole.
Thus, the possible mechanism that leads to the observed CMB power asymmetry at the O(10−1) level
should affect the magnitude of the density perturbations at a level less than 10−3 and should also not
create power asymmetry on scales k ∼ 1 Mpc−1 at a level more than about O(10−2).
Both of these constraints of this physical mechanism are consistent with a late generation of
asymmetry through through large scale dark energy inhomogeneities which affect locally the growth
of structures and thus the CMB maps through the ISW effect. On the other hand, it is hard to construct
primordial models of inflation that satisfy the above two constraints [92,93].
It has been shown recently [94] that a large part of the asymmetry is due to the ISW effect. In
the context of inhomogeneous dark energy, regions of denser dark energy would be associated more
pronounced ISW effect. Thus there are two hints that point out to the possible late time origin of the
CMB asymmetry:
• A large part (if not all) of the asymmetry appears to be due to the ISW effect which occurs at late
times and is not related to the primordial nature of the CMB perturbations [94].
• The power spectrum of large scale structure does not show evidence for such an dipole asymmetry
on smaller scales. This also hints towards a possible late time origin of the asymmetry.
Dark energy inhomogeneities is clearly a prime candidate that could lead to the generation of late
time asymmetry without affecting the spectrum of density perturbations.
2.2. Alignment of Low Multipoles in the CMB Angular Power Spectrum
The alignment of the normals to the octopole and quadrupole planes has been verified by several
studies [3,6,7,95–98]. The majority of these studies conclude that this is not a foreground contamination
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of the WMAP Internal Linear Combination (ILC) maps but rather is an effect degraded by the
foregrounds [99,100] (see however [101] for an alternative point of view). The directions of the
quadrupole and the octopole are determined by rotating the coordinate system while determining the
multipole coefficients alm. The coordinate system that maximized the sum |all|2+ |al−l|2 is selected and
the direction of its z-axis defines the direction of the l multipole moment (l = 2 for the quadrupole and
l = 3 for the octopole). This coordinate system maximizes the power of fluctuations at its x − y plane
(equator). The exact direction of these moments varies slightly in accordance with the method used to
filter the foregrounds.
According to the recent Plack data [22] and one of the filtering methods used, the octopole
plane normal is in the direction (l, b) = (246◦, 66◦) , and the quadrupole plane normal is in
the direction (l, b) = (228◦, 60◦). For comparison the CMB dipole moment is in the direction
(l, b) = (264◦, 48◦) [102].
The angle between the quadrupole and the octopole directions is found to in the range 9◦–13◦
depending on the foreground cleaning method used [22]. The probability that this occurs by chance
in a random simulation of the best-fit ΛCDM model is found to be about 2%. The alignment however
gets significantly degraded by subtracting any large scale specific feature (hot or cold spot) on the CMB
map. Thus, it appears the there is no specific CMB feature responsible for the alignment. Instead,
the alignment appears to be an unlikely statistical fluctuation of amplitudes and phases which could
be justified by the a posteriori selection of the particular statistic [5]. Despite the degraded statistical
significance of this anomaly by the Planck data it remains an unlikely feature in the context of ΛCDM
hinting towards statistical anisotropy. A well defined theoretical model that could naturally justify its
existence would have to naturally produce a combination of large scale features in a single CMB map
plane leading to the observed alignment.
2.3. Large Scale Velocity Flows
The kinematic Sunyaev-Zeldovich (kSZ) effect is a spectral distrortion on the CMB photons induced
by the coherent velocities of the free electrons in cluster due to the peculiar velocity of the cluster as
a whole. A bulk flow of clusters would produce spectral distortions at the locations of clusters whose
anisotropy would be well described by a dipole. This method was first applied for the measurement of
large scale bulk flows of clusters in [103]. It has the advantage that it is independent of other conventional
methods to measure peculiar velocities which require the measurement of distances. In addition it can
easily probe scales up to the horizon which is currently impossible with conventional methods. In general
however it is not easy to distinguish the small signal of the kSZ dipole from the much larger signal of
the intrinsic CMB dipole. Despite of these difficulties the authors of [30,104,105] used a sample of 700
X-Ray selected clusters with redshifts up to z ∼ 0.2 (scale of about 800 Mpc) and detected a persistent
kSZ dipole which they interpreted as evidence for bulk flow of clusters with magnitude 600–1000 km/s
in a direction l ≃ 296◦ ± 28◦, b ≃ 39◦ ± 14◦.
Other studies however have not confirmed this result [106–110] using somewhat different
methodologies and datasets. Most of these studies [106,108,110] have obtained a similar dipole but
have claimed significantly larger errors which make the derived magnitudes of bulk flows statistically
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insignificant and consistent with null (and with ΛCDM which predicts much smaller coherent peculiar
velocities on these scales). The issue remains controversial [111] and there is currently a debate as to the
identification of the proper methodology for the implementation of the kSZ effect to derive the peculiar
velocities of clusters.
On smaller scales (50–100 h−1Mpc), an application of a Minimal Variance weighting algorithm to a
compilation of 4481 peculiar velocity measurements [28] lead to a bulk flow of 407 ± 81 km/s towards
l ≃ 287◦ ± 9◦, b ≃ 8◦ ± 6◦. This result is inconsistent (too large) with respect to ΛCDM normalized
on WMAP7 at a level of 98% while the direction of the flow is consistent with the result of [104]. A
more recent analysis [112] using the peculiar velocities of a sample of 245 SnIa has obtained a bulk
flow of a lower magnitude (248 ± 87 km/s) towards a similar direction l ≃ 319◦ ± 25◦, b ≃ 7◦ ± 13◦.
This magnitude of the bulk flow is marginally consistent with both ΛCDM and with the previous analysis
of [28] and its direction is even closer to other anisotropy directions discussed below (dark energy dipole,
α dipole and CMB cold spot I [27]). Consistent results with ΛCDM are also obtained by [113] using
SnIa peculiar velocities to measure bulk flows.
2.4. Large Scale Alignment in the QSO Optical Polarization Data
The optical polarization properties of 355 quasars with redshifts up to z ∼ 2.5 and with well defined
polarization angles were studied in [33] (see also [32]). The cosmic scales covered are up to about 2 Gpc.
It was found that the quasar polarization vectors are not randomly distributed in the sky at a confidence
level of 99.9%. Sources of systematics like instrumental and interstellar polarizations were carefully
considered and shown not to affect the main conclusions of the analysis. In addition, the polarizations
of quasars obtained by different observatories were found to agree within the uncertainties in both
polarization degree and angle. The observed large scale angular correlations of quasar polarization in
regions sized at least 1 Gpc showed a coherent change of the mean polarization angle with redshift. The
effect appeared stronger along an axis close to the CMB dipole even though direction uncertainties are
large. If the effect is not due to an unknown systematic or due to a large statistical fluctuation, it may be
evidence for departure from the cosmological principle (large scale isotropy).
An interesting physical mechanism [34] that could lead to the observed coherent rotation of quasar
polarizations with redshift involves a coupling between the photon and a pseudoscalar (e.g., axion) in a
Lagrangian of the form:
L = 1
2
(∂µφ)(∂
µφ)− 1
2
m2φ2 − 1
4
FµνF
µν − jµAµ + 1
4
gφFµνF˜
µν (2)
where F˜ µν is the dual Maxwell tensor and 1
4
gφFµνF˜
µν describes the mixing pseudoscalar axions and
photons. In the context of such a Lagrangian, photons with polarization parallel to a weak external
magnetic field decay into pseudoscalars leading to a net polarization p. Thus coherent variation of
the polarization p over cosmological distances are predicted provided that there is a magnetic field
B < 1 nG [114].
If there is a variation of the direction of ~B with distance then a rotation of the polarization angle with
redshift is predicted. In an extended model where the pseudovector φ also plays the role of quintessence
with induced inhomogeneities a correlation between accelerating expansion and quasar polarization
would be anticipated.
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Recent data showing a similar polarization alignment of radiowaves [115] on scales up to 1 Gpc
however appear to impose constraints on the pseudoscalar coupling mechanism [116]. Similar strong
constraints on this mechanism are imposed by the observed lack of circular polarization in the
quasar data [117].
2.5. Anisotropy in Accelerating Expansion Rate (Dark Energy Dipole)
Several recent studies [35,118–129] have investigated the isotropy of the accelerating cosmological
expansion rate at various redshift ranges using samples of SnIa as standard candles. Most studies search
for a preferred direction using either a hemisphere comparison method [118,120,121,123,129] or a fit
to a dipole angular distribution of the anisotropy [35,122,125,128] (dark energy dipole). There are
indications [35] that the dipole fit may be more sensitive in identifying the expansion anisotropy signal
than the hemisphere comparison method. The consensus of these studies is that there is an asymmetry
axis pointing in the direction (l ≃ 310◦, b = −15◦) which is roughly consistent with the direction of the
CMB Cold Spot I [5]. This asymmetry is more prominent for low redshift SnIa (z ≤ 0.2) perhaps due
to the fact that there are significantly more and better quality SnIa data for this redshift range [35]. The
magnitude of the asymmetry is marginally consistent with ΛCDM (at about 2σ level). The direction of
this asymmetry axis appears to be consistent at 1σ with both the peculiar velocity flows direction and
with the alpha dipole direction discussed below (Figure 2).
The approximate coincidence of these four preferred directions (dark flow, dark energy dipole, α
dipole and CMB cold spot) may hint towards a possible common physical origin for these anomalies.
Figure 2. The distribution of the Union2 SnIa datapoints in galactic coordinates along
with the Dark Energy dipole direction are shown. The datapoints are split in three different
redshift bins shown with different shapes. The direction of the α-dipole is also shown with
a star. The light blue blob represents the 1-σ error on the Dark Energy dipole direction
(from [35]).
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2.6. Anisotropy in the Values of the Fine Structure Constant α (α Dipole)
The absorption spectra of distant quasars contain two pieces of information: the redshift of the
absorber and the value of the fine structure constant α. This information extracted by the Many Multiplet
Method has been used to perform an anisotropy analysis of the fine structure constant α [36,37]. The
analysis is based on a large sample of quasar absorption-line spectra (295 spectra) obtained using UVES
(the Ultraviolet and Visual Echelle Spectrograph) on the VLT (Very Large Telescope) in Chile and also
previous observations at the Keck Observatory in Hawaii.
An apparent variation of α across the sky was found. It was shown to be well fit by an angular
dipole model
(
∆α
α
)
= A cos θ + B where θ is the angle with respect to a preferred axis and A,B
are the dipole magnitude and an isotropic monopole term. The dipole axis was found to point in the
direction (l, b) = (331◦,−14◦) and the dipole amplitude A was found to be A = (0.97 ± 0.21)× 10−5.
The statistical significance over an isotropic model is at the 4.1σ level. The analysis of [36,37] has
received criticism [130–132] based mainly on the fact that its quasar sample combines two datasets (Keck
and VLT) with different systematic errors which have a small overlapping subset and cover opposite
hemispheres on the sky. The axis connecting these two hemispheres has similar direction with the
direction of the obtained dipole. The response of the authors of [36,37] was based on the fact that in the
equatorial region of the dipole, where both the Keck and VLT samples contribute a number of absorbers,
there is no evidence for inconsistency between Keck and VLT.
The angular separation between the Dark Energy Dipole direction and the α dipole is found to be
only 11.3◦ ± 11.8◦. Reference [35] used Monte Carlo simulations to find the probability of obtaining
the observed dipole magnitudes with the observed alignment, in the context of an isotropic cosmological
model with no correlation between dark energy and fine structure constant α. It was found that this
probability is less than one part in 106.
A simple physical model (extended topological quintessence [35,79]) naturally predicts a spherical
inhomogeneous distribution for both dark energy density and fine structure constant values. The model
is based on the existence of a recently formed giant global monopole with Hubble scale core which also
couples non-minimally to electromagnetism. Aligned dipole anisotropies would naturally emerge for an
off-centre observer for both the fine structure constant and for dark energy density. This model smoothly
reduces to ΛCDM for proper limits of its parameters. Two predictions of this model are (a) a correlation
between the existence of strong cosmic electromagnetic fields and the value of α and (b) the existence
of a dark flow on Hubble scales due to the repulsive gravity of the global defect core (“Great Repulser”)
aligned with the dark energy and α dipoles. The direction of the dark flow is predicted to be towards the
spatial region of lower accelerating expansion. Existing data about the dark flow [28,30] are consistent
with this prediction. In the next section we present a detailed analysis of this model.
2.7. Large Quasar Groups
According to SDSS DR7 for galaxies with 0.22 < z < 0.50 [133], isotropy appears to be established
on scales larger than 210 Mpc as anticipated from the overall isotropy of the CMB. However, on larger
redshifts, isotropy appears to be challenged by recent quasar data.
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The Large Quasar Groups (LQG) are large structures of quasars appearing at redshifts z 1 with scales
70–350 Mpc. A new elongated LQG was discovered recently [38] in the DR7QSO catalogue of the Sloan
Digital Sky Survey [134]. It has long dimension 1240 Mpc and characteristic size (V olume)1/3 about
500 Mpc at a redshift z = 1.27 (Huge-LQG). It is located in the direction l = 225◦, b = 63◦, relatively
close (distance of boundaries 140 Mpc) to another fairly large LQG and consists of 73 member quasars.
The principal axes of the LQG have lengths of 1240, 640, and 370 Mpc extending to the Gpc-scale.
According to [40], the upper limit to the scale of homogeneity for the concordance cosmology is 370
Mpc. Their long dimensions from the inertia tensor of 630 and 780 Mpc are clearly much larger than
the anticipated upper limit of homogeneity. It is the currenly known largest structure in the universe
and maybe at odds with the cosmological principle [40]. We stress however that other more recent
studies have indicated [135,136] that such structures may not be inconsistent with a homogeneous
Poisson distribution of quasars. Indeed, such structures seem to be discovered [135,136] by the algorithm
of [38] in explicitly homogeneous simulations of a Poisson point process with the same density as the
quasar catalogue.
3. Anisotropic/Inhomogeneous Dark Energy Models
In view of the successes of the standard ΛCDM model it is anticipated that a viable theoretical model
able to explain the above described anomalies should have the following properties:
• Deviate from ΛCDM mainly on large cosmological scales.
• Reduce to ΛCDM for certain values of its parameters.
In addition, it appears reasonable and in fact hinted by some of the above described data that the
physical origin of the deviation from isotropy resides at late cosmological times when these large scales
are again causally connected (consider, e.g., the possible ISW origin of the CMB power asymmetry [94]).
Motivated by these arguments and by the discussion presented in the Introduction we focus on models
involving anisotropic and/or inhomogeneous dark energy. In contrast to matter, dark energy can be
anisotropic (due to its pressure) without being inhomogeneous and also the possible inhomogeneities
of dark energy naturally appear on Hubble scales where the origin of the anomalies seems to reside. In
addition, Gpc inhomogeneities (voids) of matter constitute models that do not smoothly reduce to ΛCDM
for any value of their parameters. This class of models has been shown to be severely constrained by
several cosmological observations and especially the kSZ effect which is predicted to be significantly
larger in these models than observations indicate [82]. Thus in what follows we focus on models of
anisotropic/inhomogeneosu dark energy.
3.1. Anisotropic Dark Energy Models
A generic generalization of the Friedmann-Lemaıˆtre-Robertson-Walker (FLRW) metric that
introduces anisotropy but not inhomogeneity is the Bianchi I metric which is of the form:
ds2 = −dt2 + a2(t)dx2 + b2(t)dy2 + c2(t)dz2 (3)
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Such a metric is consistent with an energy momentum tensor of a fluid with homogeneous but
anisotropic pressure of the form:
T µν = diag(−1, wx, wy, wz)ρ (4)
where (wx, wy, wz) are the equation of state componenets corresponding to each component of pressure.
The deviation of these components may be parametrised by two parameters [137] γ and δ. Using these
parameters, the anisotropic dark energy energy momentum tensor Equation (4) may be expressed as:
T µν = diag(−1, w, w + 3δ, w + 3γ)ρ (5)
The deviations from isotropy may be quantified by defining the average Hubble expansion rate H and
the Hubble normalized shear R and S as:
H ≡ 1
3
(
a˙
a
+
b˙
b
+
c˙
c
)
(6)
and
R ≡ 1
H
(
a˙
a
− b˙
b
)
, S ≡ 1
H
(
a˙
a
− c˙
c
)
(7)
The generalized Friedmann equation is then obtained as:
H2 =
8πG
3
ρ+ ρm
1− 1
9
(R2 + S2 − RS) (8)
where ρm is the matter density which in general is allowed to interact with dark energy. Conservation of
the energy momentum tensor of anisotropic dark energy implies:
ρ˙+ 3
[
(1 + w)H + δ
b˙
b
+ γ
c˙
c
]
ρ = −QHρm (9)
where ρm is the matter density which obeys:
ρ˙m + 3Hρm = QHρ (10)
and a nonzero value of the parameter Q expresses the interaction between dark energy and matter. Such
an anisotropic dark energe could emerge for example in the presence of a vector field Aµ whose dynamics
is described by the action [137]:
S =
∫
d4x
√−g
[
R
16πG
− 1
4
FµνF
µν − V
]
(11)
where Fµν = ∂µAν − ∂νAµ and the potential V is a function of A2 = AµAµ [137].
The main observational effect of anisotropic dark energy is its contribution to the CMB anissotropies
at the level of low multipole moments. This contribution is introduced through the last scattering redshift
which becomes anisotropic in the context of the metric Equation (3). For a photon observed from the a
direction pˆ the last scattering redshift z may be obtained using the lightlike geodesic equatios. It is of
the form:
1 + z(pˆ) =
1
a
√
1 + pˆ2ye
2
y + pˆ
2
ze
2
z (12)
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where:
e2y =
(a
b
)2
− 1, e2z =
(a
c
)2
− 1 (13)
are evaluated at the time of last scattering and the scale factors are all normalized to unity today. Thus,
the predicted CMB temperature is of the form:
T (pˆ) = T∗/(1 + z(pˆ)) (14)
where T∗ is the temperature at decoupling. Using the spatial average 4πT¯ =
∫
dΩpˆT (pˆ), the temperature
anisotropies is expressed as:
δT (pˆ)
Tˆ
= 1− T (pˆ)
T¯
(15)
This anisotropy may be expanded in spherical harmonics to evaluate the contribution to all CMB
multipole moments and thus impose constraints on the parameters γ and δ by demanding that these
multipoles do not exceed the observed values. Significant fine tuning is required on the anisotropy
parameters to secure consistency with the observed low quadrupole value [137–139].
Less stringent constraints on the anisotropy parameters may be obtained by considering the isotropy
of the accelerating cosmic cosmic expansion rate as determined using the luminosity distances of SnIa.
The predicted values of luminosity distances in the context of the metric Equation (3) is obtained [137]
at the redshift z in the direction pˆ as:
dL(z, pˆ) = (1 + z)
∫ t(z)
t0
dt√
pˆ2xa
2 + pˆ2yb
2 + pˆ2zc
2
(16)
where z is connected with the scale factors via Equation (12). Using the maximum likelihood method
and the observed luminosity distances it is possible to obtain constraints on the anisotropy parameters γ
and δ and show that their absolute values are constrained to be less than about 0.1 at the 3σ level [137].
An alternative parametrization of the dark energy anisotropy involves the consideration the anisotropic
stress σ. This is obtained by expressing the dark energy momentum tensor as [138]:
Tµν = ρuµuν + p(gµν + uµuν) + Σµν (17)
where where uµ is the four-velocity of the fluid, and Σµν is the anisotropic stress tensor. The anisotropic
stress σ is defined as:
(ρ+ p)σ = −(kˆikˆj − 1
3
δij)Σij (18)
The anisotropic stress σ quantifies the deviation of pressure from isotropy. As discussed in [137], only
weak constraints can be imposed on σ using recent data.
The introduction of anisotropic dark energy as described above provides the potential for breaking of
statistical isotropy and resolution of some of the large scale anomalies discussed in the previous section.
In particular, the anisotropic pressure can induce peculiar velocity flows, anisotropy in the SnIa data and
significant CMB dipole and quadrupole [137]. The most severe constraints on the level of anisotropy
originate from the CMB observed isotropy but these can be softened by considering a time dependent
anisotropy which is more significant at late times and consistent with the weaker constraints originating
from the SnIa data.
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3.2. Inhomogeneous Dark Energy Models
In the context of inhomogeneous cosmologies, the simplest way to introduce a preferred direction in
the universe is to consider a Hubble scale spherical dark matter void or dark energy inhomogeneity and
an off center observer. In the case of dark matter void, an observer close to the center of the void will
detect a larger Hubble parameter for nearby points in space and lower redshift. Thus she may incorrectly
interprete it as an accelerating expansion rate since the Hubble expansion will appear higher at lower
redshifts. Thus a spatial variation of expansion rate may be misinterpreted as a temporal variation. In
the case of a spherical dark energy overdensity the variation of the expansion rate is both spatial and
temporal and there is a true accelerating expansion rate amplified by the spatial variation of the dark
energy density.
The displacement direction will be naturally preferred and the observer will experience anisotropic
accelerated Hubble expansion and Hubble scale velocity flows (Figure 3). In fact the center of the dark
matter void or dark energy overdensity will behave as a great repulser inducing velocity flows away
from it.
Figure 3. An off-center observer in a spherical inhomogeneity sees a preferred direction of
higher accelerating expansion rate.
As a simple toy model we may consider an inhomogeneous fluid of matter and/or dark energy
described by the energy-momentum tensor:
T µν = diag(−ρ(r)− ρM(r, t), pr(r), pt(r), pt(r)) (19)
The general spherically symmetric inhomogeneous cosmological spacetime is described by the
metric [140–142]:
ds2 = −dt2 + A2(r, t)dr2 +B2(r, t) (dθ2 + sin2 θdϕ2) (20)
In the special case of a diagonal energy momentum tensor as the one of Equation (19), the above
metric takes the simplified form [140–142]:
ds2 = −dt2 + (B
′(r, t))2
1− k(r) dr
2 +B2(r, t)
(
dθ2 + sin2 θdϕ2
) (21)
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where B(r, t) is the spacetime dependent scale factor and k(r) plays the role of inhomogeneous
spherically symmetric spatial curvature. In the limit of a homogeneous spacetime, the LTB metric
Equation (21) reduces to the FLRW metric by setting k(r) to a constant and B(r, t) = ra(t). Using
the metric Equation (21) and the energy momentum tensor Equation (19) in the Einstein equations we
obtain the generalized Friedman equation:
H2(r, t) = H20 (r)
[
ΩM (r)
(
B0
B
)3
+ ΩX(r) + Ωc(r)
(
B0
B
)2]
(22)
where:
H(r, t) ≡ B˙(r, t)
B(r, t)
(23)
with B0(r) ≡ B(r, t0) (t0 is the present time), H0(r) ≡ H(r, t0), ΩX(r) ≡ −8πGpr(r)/3H20 (r)
(which is positive for negative radial pressure) and Ωc(r) ≡ 1 − ΩX(r) − ΩM (r). The profile of the
inhomogeneous dark energy pressure, ΩX(r), is in principle arbitrary, and is physically determined by
the physical mechanism that induced the inhomogeneous overdensity.
Interesting density profiles of the inhomogeneities (dark matter and dark energy) which parametrize
the inside and outside densities (Ωin and Ωout) as well as the interface thickness (∆r) are of the form:
ΩM (r) = ΩM,out + (ΩM,in − ΩM,out) 1− tanh[(r − r0)/2∆r]
1 + tanh(r0/2∆r)
(24)
ΩX(r) = ΩX,out + (ΩX,in − ΩX,out) 1− tanh[(r − r0)/2∆r]
1 + tanh(r0/2∆r)
(25)
It is straightforward to solve Equation (22) by first determining H0(r) in units of Gyr−1, assuming an
age of the universe t0 = 13.7 Gyr (homogeneous Big Bang). We thus use:
H0(r) =
1
t0
1∫
0
dx√
ΩM (r)x−1 + ΩX(r)x2 + Ωc(r)
(26)
which can be easily derived from Equation (22). With Equation (26) equation and the initial condition
B(r, t0) = r we solve Equation (22) and obtain numerically B(r, t) and its derivatives.
For an observer in the center of the spherical inhomogeneity, light travels radially inwards and
therefore for these lightlike geodesics dθ = dφ = 0 along the geodesic. The remaining two light-like
geodesics for radially incoming light rays are of the form [143]:
dt
dz
= − B
′(r, t)
(1 + z)B˙′(r, t)
(27)
dr
dz
=
c
√
1− k(r)
(1 + z)B˙′(r, t)
(28)
where c ≃ 0.3 is the velocity on light in units of Gpc/Gyr used for consistency in order to
obtain the luminosity distance in Gpc. Using these lightlike geodesics with initial conditions
t(z = 0) = t0 and r(z = 0) = 0 we find t(z) and r(z). The angular diameter and luminosity distances
are then obtained as:
dA(z, r0,ΩX,in) = B(r(z), t(z)) (29)
dL(z, r0,ΩX,in) = (1 + z)
2 dA(z) (30)
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Using the above form of the luminosity distance, it is straightforward to fit the predicted distance
moduli to the observed ones from the Union2 dataset and derive the best-fit values of parameters for the
on-center observer. We first consider a dark matter inhomogeneity (void) with no dark energy. Fixing
the interface thickness to ∆r = 0.35 Mpc, ΩX,in = ΩX,out = 0 (no dark energy), ΩM,out = 1, it is
straightforward to obtain [86] the 1σ and 2σ contours for the parameters ΩM,in (matter underdensity
inside the void) and r0 (size of the void) shown in Figure 4.
Figure 4. The 1σ and 2σ contours for the parameters ΩM,in (matter underdensity inside the
void) and r0 (size of the void) (from [86]).
This class of Gpc void models had until recently attracted significant attention. They have three
main advantages:
• They are consistent with the observed redshift dependence of the Hubble expansion rate as
obtained using standard candles SnIa [143,144] without the requirement of dark energy.
• They can naturally provide a preferred axis by utilizing a slight displacement of the observer from
the center of the spherical void.
• The coincidence problem is not present since a void can naturally develop at late times along with
other structures.
Despite of the above successes, it has been evident that this class of models also suffers from
significant problems. As discussed in the Introduction, these problems include the following:
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• In the context of standard cosmology there is no simple mechanism to create Gpc matter voids
without conflicting other cosmological data (e.g., CMB fluctuations).
• If the observer location is not fine tuned close to the center of the spherical void, then a CMB
dipole is predicted which is larger than the observed [85,86].
• There is no simple matter density profile that will provide an equal or better quality of fit compared
to ΛCDM [86].
• This class of models generically predicts large peculiar velocities of free electrons and clusters with
respect to the CMB. These velocities could have been detected via inverse Compton scattering of
CMB photons onto moving free electrons (kinematic Synyaev-Zeldovich effect). The existing
bounds on such velocities effectively rules out this class of models [82,83].
In view of the above problems of matter void models (see also [54]), it is of some interest to consider
models where the Gpc void is replaced by a dark energy spherical overdensity with similar size. As
discussed in the Introduction, the motivation for this class of inhomogeneous dark energy models may
be summarized as follows:
• The standard cosmological model ΛCDM assumes the existence of homogeneous matter on
large scales, the validity of general relativity and the existence of homogeneous dark energy
with constant in time energy density (cosmological constant). The generalization of most of
these assumptions has been extensively studied in the literature. The main motivation for such
generalizations originates at the coincidence problem expressed as a “Why now?” problem:
“Why was the energy scale of the cosmological constant tuned to such low values so that it
starts dominating at the present time?”. For example general relativity has been generalized to
various models of modified gravity, dark energy was allowed to evolve in time as a scalar field
(quintessence), matter was allowed to be inhomogeneous on Gpc scales (void models). The least
studied generalization is the one based on allowing dark energy to become inhomogeneous on
Gpc scales. Such a generalization could in principle address the coincidence problem if the later
is expressed as a “Why here?” problem: “Why is the dark energy density in our horizon such
that the universe has recently started its accelerating expansion?”. In the same manner that the
answer to the “Why now?” question could be time dependence, the answer to the “Why here?”
question could be spatial dependence of dark energy density. Therefore, the consideration of
inhomogeneous dark energy constitutes a generic generalization of the standard ΛCDM models
which reduces back to ΛCDM for a inhomogeneity scale that exceeds the current horizon scale.
It is therefore interesting to use cosmological observations to impose constraints on the two basic
parameters of this class of models: the scale of the inhomogeneity and the magnitude of the dark
energy density inhomogeneity.
• As in the case of the dark matter void, an off-center observer in a spherically symmetric dark
energy inhomogeneity will naturally experience an anisotropy in the accelerating expansion rate.
In the case of inhomogeneous dark energy the scale of the inhomogeneity is allowed to be as large
as the horizon scale (ΛCDM limit). For large enough inhomogeneity scale, the observer is allowed
to be displaced significantly from the center without experiencing a large CMB dipole. Thus,
inhomogeneous dark energy models are less subject to fine tuning with respect to the location of
the observer [86].
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• Due to negative pressure and speed of sound close to unity, dark energy inhomogeneities
are not easy to sustain. However, there is a well defined physical mechanism (topological
quintessence [79]) that can lead to sustainable large scale dark energy inhomogeneities, supported
by topological considerations. This mechanism can be viewed as a generalization of topological
inflation [87] in which early time accelerating expansion (inflation) takes place in the core of a
topological defect due to the topologically trapped vacuum energy.
In this brief review I focus on spherically symmetric dark energy inhomogeneities corresponding to
global monopoles in the context of topological quintessence. It is straightforward to generalize this
assumption by considering other models that are both inhomogeneous and anisotropic. For example the
Szekeres quasi-spherical models [145,146], are effectively non-linear FLRW perturbations [147], with
metric of the form:
ds2 = −dt2 + e2Adx2 + e2B(dy2 + dz2) (31)
where A = A(t, x, y, z), B = B(t, x, y, z). Such models models can be matched to a dust FLRW
model across a matter-comoving spherical junction surface [148] and may represent different types of
topological defects in the context of topological quintessence (strings or walls).
3.3. Topological Quintessence
Topological quintessence [79] assumes the recent formation of a global topological defect (e.g., a
global monopole) with Hubble scale core and with core vacuum energy dansity of the same order as the
current density of matter. The dynamics of such a global monopole is determined by the action:
S =
∫
d4x
√−g
[
m 2P l
16π
R− 1
2
(∂µΦ
a)2 − V (Φ) + Lm
]
(32)
where Lm is the Lagrangian density of matter fields, Φa (a = 1, 2, 3) is an O(3) symmetric scalar
field and:
V (Φ) =
1
4
λ(Φ2 − η2)2, Φ ≡
√
ΦaΦa (33)
The vacuum energy density in the monopole core and the size of the core are determined by the two
parameters of the model η (the vacuum expectation value) and λ (the coupling constant). The global
monopole field configuration is described by the hedgehog ansatz:
Φa = Φ(r, t)rˆa ≡ Φ(r, t)(sin θ cosϕ, sin θ sinϕ, cos θ) (34)
with boundary conditions:
Φ(0, t) = 0,Φ(∞, t) = η (35)
where a time dependence is allowed, having in mind a cosmological setup of an expanding background.
The general spherically symmetric spacetime around a global monopole may be described by a
metric of the form Equation (20). In order to derive the cosmological dynamical equations we need
the total energy momentum tensor Tµν . We assume a cosmological setup at recent cosmological times
and therefore Tµν is dominated by the global monopole vacuum energy and matter, i.e.:
Tµν = T
(mon)
µν + T
(mat)
µν (36)
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The energy momentum tensor of the monopole is given by:
T (mon)µν = ∂µΦ
a∂νΦ
a − gµν
[1
2
(∂σΦ
a)2 + V (Φ)
]
(37)
The negative pressure in the monopole core is expected to lead to accelerating expansion when the
core size is of the order of the Hubble scale [149]. The monopole energy density is of the form:
ρmon = Tmon00 =
[
Φ˙2
2
+
Φ′2
2A2
+
Φ2
B2r2
+
λ
4
(
Φ2 − η2)2
]
(38)
and has a local maximum at the monopole core where vacuum energy dominates. The energy-momentum
tensor of matter is that of a perfect fluid with zero pressure (p = 0):
T (mat)µν = ρ
matuµuν (39)
where ρmat = ρmat(r, t) is the matter density and uµ is the velocity 4-vector of the fluid:
uµ = (
1√
1− v2 ,
v
A
√
1− v2 , 0, 0) (40)
with v = v(r, t) the radial matter fluid velocity. An off-center observer in the global monopole will
experience anisotropic accelerating cosmological expansion which is maximized in the direction of the
monopole center where the vacuum dark energy density is maximum (Figure 5). This is consistent with
the mild evidence (2σ) for the existence of a dark energy dipole discussed in Section 2.
Figure 5. An off-center observer in the core of a global monopole will naturally experience
an anisotropy in the expansion rate due to the higher vacuum energy density in the direction
of the monopole center.
The question that arises is “Can this mechanism also predict the existence of a fine structure constant
dipole aligned with the dark energy dipole as seems to be favored by some observations?” The answer to
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this question is positive. An α dipole aligned with the dark energy dipole can be obtained by considering
a dilatonic coupling of the monopole scalar field to electromagnetism. Consider the generalization of the
Lagrangian Equation (32) of the form:
S =
∫ [
1
2
M2pR−
1
2
(∂µΦ
a)2 − V (Φ) + 1
4
B(Φ)F 2µν + Lm
]√−gd4x (41)
where M−2p = 8πG is the reduced Planck mass. This action is inspired from the
Bekenstein-Sandvik-Barrow-Magueijo class of models [150–152] where the dynamics are attributed to
a homogeneous scalar field. In our case (extended topological quintessence) the fine structure constant α
has obtained dynamics through the inhomogeneous global monopole scalar field. It may be shown that:
α(Φ) =
e20
4πB(Φ)2
(42)
where e0 is the bare charge that remains constant throughout the cosmological evolution. By considering
a dilatonic coupling B(Φ) of the form Consider now a non-minimal coupling of the form:
B(Φ) = 1− ξΦ
2
η2
(43)
where ξ is constant, we find for small values of Φ/η a spatial variation of α in accordance to:(
∆α
α
)
≃ 2ξ (Φ
2 − Φ20)
η2
(44)
where Φ0 is the field magnitude at the location of the observer. Clearly, α is predicted to vary most in
the direction where the field magnitude varies more rapidly. This is the direction towards the center of
the monopole which is identical to the direction of the dark energy dipole. Thus, this model naturally
predicts the observed alignment between the α dipole and the dark energy dipole.
The observationally required values of the parameters of topological quintessence may be obtained
by implementing the requirement that the core size is comparable to the Hubble scale and the vacuum
energy density at the monopole core is comparable to the matter density at present. The core scale (where
Φ/η
<∼ 1) of the static global monopole is:
δ ≃ λ−1/2η−1 (45)
while the vacuum energy density in this core region is:
ρcore ≃ λη
4
4
(46)
Deep inside the monopole core the expansion is approximately isotropic (A(r, t) ≃ B(r, t) ≡ ain(t))
and the dynamics of the scale factors are approximated by:
3Hin(t)
2 =
8π
m2P l
(
λη4
4
+ ρmat0,in
(
a0,in
ain
)3)
(47)
where a0,in ≡ ain(t0) is the scale factor at the present time t0, ρmat0,in is the present density of matter in the
monopole core and:
Hin(t) ≡
(
a˙in
ain
)
(48)
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Similarly, far away from the monopole core (r ≫ δ), spacetime is also approximately homogeneous
and we may set A(r, t) ≃ B(r, t) ≡ aout(t). In this limit the dynamics of the scale factors are
obtained from:
3Hout(t)
2 =
8π
m2P l
ρmat0,out
(
a0,out
aout
)3
(49)
corresponding to a flat matter dominated universe. By imposing the physical requirements stated
above namely:
δ ≃ H−10 ≡ Hin(t0)−1 (50)
ρcore ≃ ρmat(t0) (51)
where ρcore is the vacuum energy density in the monopole core, we obtain order of magnitude estimates
for the two parameters in the global monopole action:
η ∼ O(1)×Mpl (52)
λ ∼ 10−120η¯ (53)
where η¯ ≡ η
Mpl
. In what follows we omit the bar on the dimensionless η¯.
In an effort to go beyond the above heuristic estimates we consider the full Einstein equations and
using the metric Equation (20) and the energy-momentum tensor Equation (36) we obtain the system of
Equations [79,149,153]:
−G00 = K22(2K − 3K22)− 2
B′′
A2B
− B
′2
A2B2
+ 2
A′B′
A3B
− 6 B
′
A2Br
+ 2
A′
A3r
− 1
A2r2
+
1
B2r2
=
8π
m2P l
[
Φ˙2
2
+
Φ′2
2A2
+
Φ2
B2r2
+
λ
4
(Φ2 − η2)2 + ρ
mat
1− v2
]
(54)
1
2
G01 = K
2′
2 +
(
B′
B
+
1
r
)(
3K22 −K
)
=
4π
m2P l
(
Φ˙Φ′ − v
1− v2 Aρ
mat
)
(55)
1
2
(G11 +G
2
2 +G
3
3 −G00) = K˙ − (K11)2 − 2(K22)2
=
8π
m2P l
[
Φ˙2 − λ
4
(Φ2 − η2)2 + 1
2
1 + v2
1− v2ρ
mat
]
(56)
and:
Φ¨−K Φ˙− Φ
′′
A2
−
(
−A
′
A
+
2B′
B
+
2
r
)
Φ′
A2
+
2Φ
B2r2
+ λΦ(Φ2 − η2) = 0 (57)
where prime (dot) denotes differentiation with respect to radius r (time t) and:
K11 = −
A˙
A
,K22 = K
3
3 = −
B˙
B
,K = Kii (58)
The conservation of the energy momentum tensor for the matter fluid Equation (39) in the metric
Equation (20) leads to the following equations for v and ρmat:
v˙
v
= (v2 − 1)A˙
A
− v
′
A
(59)
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ρ˙mat
ρmat
=
v˙
v
− 2B˙
B
− v
A
(ρmat)′
ρmat
− 2 v
A
B′
B
− 2v
r A
(60)
Notice that in the homogeneous FLRW limit (B(r, t) = A(r, t) = a(t), Φ(r, t) = η) we obtain the
familiar Friedman equations with v = 0 and the usual conservation of matter equation. The system
Equations (54)–(57), (59) and (60) consists of six equations with five unknown functions A, B, Φ, v,
ρmat. Thus, Equation (54) may be considered as a constraint and the system of the other five equations
may be solved with initial conditions corresponding to a homogeneous flat matter dominated universe
(A = B = 1) with a static global monopole profile f(r) (f(0) = 0, f(∞) = 1) [79]. The main questions
to be addresses in such a cosmological simulation are the following:
• Does the monopole energy density eventually dominate over matter in the monopole core?
• Does the possible monopole domination eventually lead to accelerating expansion in the
monopole core?
• Can this cosmological expansion in the core fit the cosmological data?
The answer to all three of the above questions turns out to be positive. The evolution of the densities
is shown in Figure 6. As expected, matter develops an underdensity in the core due to the repulsive
gravity of the vacuum energy.
Clearly the vacuum energy eventually dominates in the monopole core. The time evolution of the
scale factors A and B is shown in Figure 7 for two values of η¯. Clearly the core experiences a faster
(accelerating) expansion compared to regions outside the monopole core. For η¯ > 0.3 the comoving
monopole core size appears to expand in agreement with previous studies of topological inflation.
In Figure 8 we show the evolution of the Hubble expansion rate ratios HA(r, z)/HA(r, 0) and
HB(r, z)/HB(r, 0) at various comoving distances from the monopole center. Superposed is shown the
ΛCDM Hubble expansion rate for the best fit values of ΩΛ. We have chosen the present time such that
the best fit value at the core center is ΩΛ = 0.73. Clearly the expansion rates at all distances are almost
identical with ΛCDM with diminishing choices of ΩΛ. Thus, for a core size larger than a few Gpc we
anticipate good agreement of the predictions of the model with SnIa and other cosmological data.
Figure 6. Evolution of the dark energy (left panel) and properly normalized matter (right
panel) density profiles.The profiles shown correspond to the initial time t0 (dotted line),
tp/3 (dot-dashed line), 2tp/3 (dashed line), tp (solid line, present time). Notice the matter
underdensity that develops in the monopole core while the monopole density appears to
slowly collapse to the center in comoving coordinates. The radial unit is the monopole core
size δ (from [79]).
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Figure 7. Evolution of the scale factors A(r, t) and B(r, t) profile for η = 0.1 (black lines)
and η = 0.6 (blue lines) from the time t0 up to the present time tp. A mesh of dots is
superimposed to the curve corresponding to η = 0.1, t = tp to distinguish it from the
curve obtained for η = 0.6, t = tp. The profiles shown correspond to t0 (dotted line), tp/3
(dot-dashed line), 2tp/3 (dashed line), tp (solid line). Higher curves correspond to more
recent times. The (rescaled) comoving region of accelerated expansion is slightly smaller in
the case of η < 0.3 since the monopole core does not expand in this case (from [79]).
0 1 2 3 4 5
1.0
1.5
2.0
2.5
3.0
3.5
r
AH
t,
rL
0 1 2 3 4 5
1.0
1.5
2.0
2.5
3.0
3.5
r
BH
t,
rL
Figure 8. Ratios HA(r, z)/HA(r, 0) and HB(r, z)/HB(r, 0) for r = 0 (lower solid line),
r = 0.5 and r = 5 (upper solid lines) along with the corresponding HΛ(r, z)/H0 for
ΩΛ = 0.73 (thick, dashed line) and for ΩΛ = 0 (dot-dashed line). Also included for
comparison HΛ(r, z)/H0 for the best fit values of ΩΛ(r): ΩΛ(0.5) ≃ 0.27 (left panel) and
ΩΛ(0.5) ≃ 0.54 (right panel). We have set η = 0.1 (from [79]).
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3.4. Spherical Dark Energy Overdensity
Even though topological quintessence is a well defined physical model based on specific dynamics,
the predicted nonlinear evolution of dark energy complicates the detailed comparison with cosmological
observation. This comparison, is significantly simplified if we approximate the dark energy inhomogeneity
as a static spherically symmetric fluid with negative pressure in a flat background. In particular we may
consider the energy momentum tensor:
T µν = diag(−ρ(r)− ρM(r, t), pr(r), pt(r), pt(r)) (61)
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where ρM (r, t) is the matter density and we have allowed for a general inhomogeneous and spherically
symmetric static fluid with:
(Tf)
µ
ν = diag(−ρ(r), pr(r), pt(r), pt(r)) (62)
(where pt(r) is the transverse pressure). This expression is motivated by the energy-momentum of a
global monopole, which asymptotically is of the form [154]:
(Tmon)
µ
ν = diag(−η/r2,−η/r2, 0, 0) (63)
with η the symmetry-breaking scale related to the formation of the monopole.
Using Einstein equations, it may be shown [86] that the metric corresponding to the diagonal energy
momentum tensor Equation (61) is of the LTB form Equation (21). Using Einstein equation we obtain
the cosmological Equation (22). In contrast to the matter void here we set Ωc(r) = 0 and use the
profiles Equations (24) and (25) for the matter and dark energy fluids which are consistent with flatness
(ΩM,out = 1− ΩX,out = 1, Figure 9).
Figure 9. The assumed matter and dark energy profiles are consistent with flatness and with
matter domination outside the inhomogeneity. Such profiles would develop dynamically in
the context of topological quintessence (see Figure 6).
Considering an observer at the center of the inhomogeneity, we may use the geodesics [86,144] to
obtain the luminosity distance as described above Equation (30). By comparing the predicted luminosity
distance with the Union 2 data [14], we obtain [86] constraints on the model parameters ΩM,in = 1−ΩX,in
and r0 (the size of the inhomogeneity) using the maximum likelihood method [86]. The allowed
range of parameters is significantly larger for the inhomogeneous dark energy model (IDE) and as
expected, the model reduces to ΛCDM for a scale of inhomogeneity that is larger than the range of the
Union 2 dataset (see Figure 10).
It is straightforward to extend this analysis to the case of an off-center observer [86,155]. In this case
the light-like geodesics of the photons coming from the SnIa, depend on two additional parameters: the
distance of the observer from the center of the inhomogeneity (robs) and the incidence angle ξ of the
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photons with respect to the displacement axis (Figure 11). The angle ξ in turn may be expressed in terms
of the direction of the center in galactic coordinates (lc, bc) and the direction the supernova that emits the
photon (l, b) (ξ = ξ(lc, bc, l, b)). Thus, it is straightforward [86] to obtain an expression of the predicted
luminosity distance as dL(z, r0,ΩX,in; robs, ξ) and use the Union 2 data (with the directions (l, b) of each
SnIa) with the maximum likelihood method to derive χ2(r0,ΩX,in; robs, lc, bc).
Figure 10. The 1σ and 2σ parameter contours for the inhomogeneous dark energy (IDE)
fluid model obtained using the Union 2 data, compared with the corresponding contours of
the usual LTM matter void model. Notice that for an inhomogeneity size larger than the
range of the dataset (about 4 Gpc), the model reduces to ΛCDM(Ωm = 2.7, ΩX = 0.73. The
transition scale was fixed to ∆r = 0.35 Gpc (from [86]).
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Figure 11. The lightlike geodesics for an off-center depend on two additional parameters
robs and ξ.
In Figure 12 we show the dependence of χ2 on the displacement robs of the observer (left panel).
Minimization with respect to the direction of the inhomogeneity center has been performed. We have
considered four pairs (r0,ΩX,in) that provide good fits for the on center observer (right panel). Notice
that improved fit with respect to ΛCDM (horizontal blue dashed line) is obtained only for large scale
inhomogeneities (r0 > 3.5 Gpc).
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Figure 12. The dependence of χ2 on the displacement robs of the observer (left panel).
Minimization with respect to the direction of the inhomogeneity center has been performed.
We have considered four pairs (r0,ΩX,in) that provide good fits for the on center observer
(right panel). Notice that improved fit with respect to ΛCDM (horizontal blue dashed line)
is obtained only for large scale inhomogeneities (r0 > 3.5 Gpc) (from [86]).
It is straightforward [86] to also use geodesics from the last scattering surface to the present time
to derive the CMB photon geodesics for an off center observer. From these we may obtain the last
scattering surface redshift zls as a function of the inhomogeneity parameters and in particular ξ and robs
(assuming fixed the inhomogeneity parameters r0,ΩX,in). After obtaining zls(ξ, robs) we find the angular
dependence of the temperature as:
T (ξ, robs) =
Tls
1 + zls(ξ, robs)
(64)
where Tls is the observed temperature of the last scattering surface. This is assumed to be uniform since
we are focusing on the additional temperature fluctuations induced by the displacement of the observer.
We then convert it to temperature fluctuations from the mean and expand in spherical harmonics to find
the multipole coefficients. Comparison with the measured values of the moments (particularly of the
dipole) leads to constraints on robs. It is straightforward to obtain numerically a10(robs), the additional
CMB fluctuations dipole moment induced by the shift robs of the observer. This quantity is shown in
Figure 13 for various values of the inhomogeneity scale r0. In the same plot we show the value of the
measured CMB dipole (dashed line) [156]:(
∆T
T¯
)
10
=
3.35× 10−3K
2.725K
= (1.230± 0.013)× 10−3
a10 =
√
4π
3
(
∆T
T¯
)
10
≃ (2.52± 0.03)× 10−3
(65)
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Figure 13. The predicted CMB dipole moment a10(robs) for ΩX,in = 0.69 and various values
of the inhomogeneity scale r0. The dashed line corresponds to the observed value (whose
uncertainty is too small to be shown (from [86]).
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Clearly, for r0 < 5Gpc the observer is confined to be in a sphere which is a fine tuned small spatial
fraction of the dark energy inhomogeneity (f(r0) ≡ ( robs−maxr0 )3 ≃ 10−6) which implies severe fine
tuning of the model as in the case of LTB models with matter. This is shown in Figure 14 where f(r0)
is plotted for values of r0 between 1 and 7 Gpc. As shown in that figure, the fine tuning starts to reduce
(f(r0) increases) as the size of the inhomogeneity increases beyond 6Gpc. We anticipate it to disappear
as the size of the inhomogeneity reaches ∼14 Gpc (the comoving distance to the last scattering surface).
The predicted CMB maps of additional temperature fluctuations in galactic coordinates corresponding
to the full map (a), dipole (b) quadrupole (c) and octopole (d) are shown in Figure 15. Notice the rapid
decrease of the magnitude of moments higher than the dipole. Even though the order of magnitude of
the dipole and quadrupole is comparable with observations, higher moments have negligible magnitude.
This is anticipated since the displacement of the observer is expected to modify the CMB fluctuations
only at the largest scales.
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Figure 14. The spatial fraction f(r0) ≡ ( robs−maxr0 )3 where the observer needs to be
confined in order to be consistent with the value of the observed CMB dipole, for
(r0,ΩX,in) = (3.37Gpc, 0.69) (from [86]).
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Figure 15. The predicted CMB maps of additional temperature fluctuations in galactic
coordinates corresponding to the full map (a); dipole (b) quadrupole (c) and octopole (d).
We have selected the direction of the preferred axis to coincide with the direction of the
observed CMB dipole and used (r0,ΩX,in) = (3.37Gpc, 0.69), robs = 30 Mpc (from [86]).
4. Conclusions
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It has become evident during the last few years that early hints for deviation from the cosmological
principle and statistical isotropy are being accumulated. This appears to be one of the most likely
directions which may lead to new fundamental physics in the coming years. We have reviewed these
hints, including the large scale CMB anomalies (CMB asymmetries), the large scale peculiar velocity
flows on scales of 100 Mpc and up to a Gpc (dark flow), the preliminary evidence for the spatial variation
of the fine structure constant along a preferred axis on Gpc scales, the coherent variation of quasar optical
polarization on Gpc scales, the existence of the Large Quasar Structure with a Gpc scale and the mild
hints for anisotropic expansion rate. We have pointed out the fact that most of the above cosmological
observations are associated with the existence of specific cosmological directions which appear to be
abnormally aligned with each other.
The Gpc scale associated with most of these effects indicates that their physical origin has appeared at
late cosmological times. This possibility is further amplified by the fact that the CMB power asymmetry
is significantly diminished if the ISW effect is subtracted from the CMB maps [94]. It is therefore
natural to attempt to associate the physical origin of these effects with large scale dark energy or matter
inhomogeneities. Hubble scale matter inhomogeneities in the form of voids are severely constrained by
cosmological observations and are practically ruled out. On the other hand, dark energy Hubble scale
inhomogeneities are observationally viable and reduce to standard ΛCDM when the inhomogeneity
scale exceeds the horizon scale. A simple mechanism that can give rise to a cosmological preferred
axis is based on an off-center observer in a spherical dark energy inhomogeneity. We have shown
that this mechanism can naturally give rise to the observed alignment of many of the above described
cosmic anisotropies.
The repulsive gravity properties of dark energy and its high sound velocity imply that any large
scale dark energy inhomogeneity would tend to smooth out. This is a challenge for the above
described mechanism. Nontrivial topology however can lead to sustainable Hubble scale dark energy
inhomogeneities. If we happen to leave in the core of a Hubble scale recently formed topological
defect we would naturally experience Hubble scale dark energy inhomogeneities and the existence of
a preferred axis due to our displacement from the defect center. Therefore, topological quintessence
constitutes a physical mechanism to produce Hubble scale dark energy inhomogeneities. We have shown
that such a mechanism can also give rise to a Dark Energy Dipole, Large Scale Velocity Flows, Fine
Structure Constant Dipole and a CMB Temperature Asymmetry aligned with each other. Other effects
which may also occur (quasar polarization alignment etc) constitute interesting potential extensions of
this research direction.
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